A topological space (X, τ ) is called a locally LC-space if every point of X has a neighborhood U such that every Lindelöf subset of (U, τ |U ) is a closed subset of (U, τ |U ). The aim of this paper is to continue the study of locally LC-spaces.
Thus every regular locally LC-space is an LC-space, a result first proved by Hdeib and Pareek in [8] . The following example shows that we cannot replace 'regular' by 'Hausdorff'. Example 1.1 [5, 6] There exists a Hausdorff, locally LC-space (X, τ ), which is not an LCspace. Let Z be a set of cardinality ℵ 1 with a distinguished point z 0 . The topology on Z is defined as follows: each z = z 0 is isolated while the basic neighborhoods of z 0 are the cocountable subsets of Z containing z 0 . Note that Z is a Lindelöf LC-space. The space (X, τ ) will be constructed from copies of Z. For each n ∈ ω, let X n be a copy of Z, where x n denotes the non-isolated point of X n . Let X * = n∈ω X n denote the topological sum of the spaces X n and let X = X * ∪ {p} with p ∈ X * . A topology τ on X can be defined if, in addition, we specify the basic open neighborhoods of p. They are the union of {p} and a cocountable subset of ∪{X n \ {x n }: n ≥ k} for some k ∈ ω. (X, τ ) is a Hausdorff space that fails to be an LC-space [5] . However, as shown in [6] , (X, τ ) is a locally LC-space.
2 Locally LC-spaces Proposition 2.1 For a topological space (X, τ ) the following conditions are equivalent:
(1) X is a locally LC-spaces.
(2) Every point of X has an open neighborhood, which is an LC-subspace of X.
Proof. Follows from the fact that every subspace of an LC-space is an LC-space. 2
Proposition 2.2 Every subspace of a locally LC-space is a locally LC-space.
Proof. Let (X, τ ) be a locally LC-space and let A ⊆ X. By assumption, for each x ∈ A,
neighborhood of x in (A, τ |A) and that (V, τ |V ) is an LC-subspace. By Proposition 2.1,
Proposition 2.3 If (X, τ ) has an open cover by locally LC-subspaces, then X is a locally

LC-space.
Proof. Let X = ∪ i∈I G i be on open cover of X where each G i is a locally LC-space, and
is a locally LC-space. 2
Corollary 2.4 Let (X α , τ α ) α∈Ω be a family of topological spaces. For the topological sum X = α∈Ω X α the following conditions are equivalent:
(1) X is a locally LC-space.
(2) Each X α is a locally LC-space. LC-space, then the product space X = i∈F X i is also a locally LC-space.
Proof. Let (X, τ ) and (Y, σ) be Hausdorff locally LC-spaces. Let (x, y) ∈ X × Y . By assumption, there exists U ∈ τ and V ∈ σ such that x ∈ U, y ∈ V and both U and V are Proof. Let (X, τ ) be a locally hereditarily Lindelöf and a locally LC-space. We may assume that every point x ∈ X has an open neighbourhood W that is both hereditarily
Lindelöf and an LC-space. But this means that W is an open discrete subspace of (X, τ ).
Thus (X, τ ) is discrete as well. Proof. Assume that (X, τ ) is a locally LC-space and let x ∈ X. For every y = x, there exists U ∈ τ such that y ∈ U and (U, τ |U) is an LC-space and hence a T 1 -space. Clearly, y ∈ U \ {x} ∈ τ and x ∈ U. This shows that X is T 1 . 2
Proposition 2.10 If every LC-subspace of every Lindelöf subset of a topological space (X, τ )
is Lindelöf, then X is a locally LC-space if and only if X is an LC-space.
Proof. Assume that X is a locally LC-space. Let A ⊆ X be Lindelöf and let x ∈ A. Since X is an locally LC-space, there exists U ∈ τ such that x ∈ U and (U, τ |U) is an LC-space.
Since every subspace of an LC-space is an LC-space, U ∩ A is an LC-space. By assumption, Let y ∈ Y . Choose x ∈ X such that f (x) = y. Since (X, τ ) is a locally LC-space, then there exists U ∈ τ such that x ∈ U and (U, τ |U) is an LC-space. 
